The two-sublattice pseudospin-electron model of high temperature superconductors is studied with respect to phase separations. Such a model can be used for the description of dielectric properties of YBaCuO-type crystals along c -axis (the pseudospins represent an anharmonic motions of apical oxygen O4). The model is treated within different approximations. It is shown that the model has got phase transitions to the phase with pseudospin ordering as well as phase separation. The effect of separation on the appearance of the ordered state is discussed.
Introduction
The role of apex oxygen O4 in high T c superconductors is not well studied yet as well as the mechanism of high values of superconducting phase transition temperatures is not quite clear. The analysis of EXAFS and Raman spectra of the most studied superconductor YBa 2 Cu 3 O 7−δ [1] [2] [3] reveals the existence of a strongly anharmonic double well potential of apex oxygen. This conclusion agrees with the results of X-rays diffraction experiments [4] . In some experiments YBaCuO was found to be both pyroelectric and piezoelectric, implying the existence of macroscopic polarization directed along the c-axis [5] . This feature was connected with the existence of anharmonic vibrations of O4. However, in [6] an alternative interpretation of EXAFS data was given: it was suggested that the two-site O4 configurations may be related to strong local distortions around single chain O1-vacancies.
To take into account the strong on-site Coulomb interaction in CuO planes and the interaction of electrons with local vibrations of apex oxygen the pseudospinelectron model (PEM) was used [7] . To explain the possible phase transitions con-nected with the apex oxygen, it was proposed to consider the long range pseudospinpseudospin interaction [8] . To correctly describe the dielectric anomalies, PEM was extended to a two-sublattice case [10] .
The purpose of the current paper is to consider PEM from the point of view of the phase separation and to study the influence of a separated state on the ferroelectric type ordering which can be present it the system.
The Hamiltonian of model
In the paper we investigate the dielectric and thermodynamic properties of the two-sublattice PEM, which takes into account a two-sublattice structure of an elementary cell of YBaCuO-type superconductors. Within the framework of this model, the Hubbard model (applied to the description of electrons) is supplemented by a pseudospin subsystem [9, 10] :
Here, n s nα is the operator of the number of electrons with a spin s while S z nα stands for the operator of the pseudospin at the n cell in α plane (α = 1, 2 in the two-sublattice case). H e is the Hubbard Hamiltonian without a term describing the transfer of electrons. H s is the pseudospin part of the Hamiltonian and h describes the asymmetry of the well potential. H e−s is the term describing the interaction between electrons and pseudospins. H s−s gives the interaction between pseudospins; the interaction −JS z n1 S z n2 within one cell clusters is separated. It is convenient to study the Hamiltonian based on the states |i, K ≡ |i, 1, R ⊗ |i, 2, S which is the product of one-site states |i, α, R ≡ |n
Each one-site set of states includes eight components at a given site i and sublattice α:
Hereafter we will consider the case of infinitely large Coulomb repulsion U . It means that we are able not to consider the doubly occupied states |2 and |2 . 
Phase separation induced by pseudospin-pseudospin interaction
In [10] the phase transitions into ferroelectric phase (with the order parameter η = 1/N n S z n1 − S z n2 describing a macroscopic polarization) were investigated in the mean field approximation and in the one-loop approximation. The regions of parameter values of model (1) at which the ferrolelectric ordering takes place were found. Nevertheless, the phase separation processes were not taken into account, as far as they were found at zero temperature in the simple (one-sublattice) pseudospinelectron model [12] . Figure 1 presents the phase diagrams for model (1) at different values of long range interaction J αβ = n J αβ nn and fixed concentration n = 0.4. In areas marked by points, the system is separated into two regions with concentrations n 1 and n 2 (n 1 < n < n 2 ). Also, one can notice that phase separation takes place near the border of stability region of two phases (the ordered with nonzero polarization and the disordered). That is why the ordered phase becomes wider and is extended up to the edge of the separated area. Figure 2 illustrates such a behaviour. The dashed lines here represent the region of ferroelectric type instabilities. These lines would separate the ferroelectric phase if there was no phase separation. Figure 2b also shows that at a fixed value of anharmonicity parameter h with concentration n < 0.75 (at low temperature), the ordered phase is possible only because the phase separation takes place. 
The role of electron transfer
Let us now consider the effect of electron transfer on the phase transitions. It has been shown (in the simplest approximation Hubbard-I [11] ) that at U → ∞ in a one-sublattice case of model (1), one has in Hubbard-I approximation two subbands, separated by the gap equal to g:
Here, . . . 0 represents an average over one-site part of Hamiltonian (1),
t ij e ikr ij -Fourier transformation of hopping integral and X RS iα = |i, α, R i, α, S| are Hubbard operators on the basis of states (2) . We can improve this result following the self-consistent generalized random phase approximation [13] , which corresponds to the summing of all one-loop contributions to X pp in diagrammatic representation. It gives us a shift of subbands byQ pq ; the mean values of the Hubbard operators then should be found self-consistently.
The changes in excitation spectrum (3) are demonstrated in figure 3b . There is no more symmetry ε pq 1 (k) = −ε pq 2 (k). It is due to ferroelectric type ordering in the system. The chemical potential behaviour near the edge of the band points to the appearance of a phase separation. Figure 3 shows that in the case when the solution of the system of equations indicates that the ferroelectric phase appears (figure 3a), the separation takes place before that. This is also indicated by a certain concavity in the free energy behaviour (tangent dashed lines in figure 3c concentration values n 1 , n 2 and n 3 , n 4 on which the separation takes place). Hence, there is a separation in the paraelectric and ferroelectric phases at concentration values n 1 < n < n 2 and n 3 < n < n 4 . The pure ferroelectric phase remains in the concentration range n 2 < n < n 3 . Figure 4a and 4b show the boundaries of the separated phase in the presence and in the absence of electron transfer. Their positions are temperature dependent. At T = 0 the region of phase separation reaches the sides of the 0 h/g 1, 0 n * 2 [12] rectangle. The transfer effect is ambiguous. In the first case (4a) it narrows the region of separation, whereas in the second case (4b) the transfer only changes the shape of the region boundaries.
Conclusions
It is shown that the phase transition to the ordered polar phase in the twosublattice pseudospin-electron model can be accompanied by a phase separation. The system is separated into the regions with a different value of concentration and polarization. The phase separation widens the area of the model parameter values where polarization takes place: the borders of a separated phase become new borders of the region with nonzero order parameter η.
It is shown that electron transfer has an effect on the phase separation caused by pseudospin-pseudospin interaction. Electron hopping changes the shape of the region boundaries. The reverse effect also takes place: the electron spectrum is changed by a phase separation.
The obtained results correlate well with the experimental data on neutron scattering for high-T c superconductors which indicate the existence of stripe phases in La 2−x Sr x CuO 4 [14] as well as in YBa 2 Cu 3 O 7−δ [15] . Also, there is a problem of a genesis of structural inhomogeneities in a single crystal of the YBaCuO type observed by the experiments using Raman spectroscopy [16] and mesoscopic structural date [17] . Our results show the possibility of dielectric type mechanism of the appearance of the mentioned instabilities.
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